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vay’s Theorem. Lebesgue Measurability of Σ1

2 Sets. Ramsey Sets of Reals and
Mathias Forcing. Measure and Category. Exercises. Historical Notes.

Part III. Selected Topics

27. Combinatorial Principles in L . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 545
The Fine Structure Theory. The Principle �κ. The Jensen Hierarchy. Projecta,
Standard Codes and Standard Parameters. Diamond Principles. Trees in L.
Canonical Functions on ω1. Exercises. Historical Notes.

28. More Applications of Forcing . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 557
A Nonconstructible ∆1

3 Real. Namba Forcing. A Cohen Real Adds a Suslin
Tree. Consistency of Borel’s Conjecture. κ+-Aronszajn Trees. Exercises. His-
torical Notes.

29. More Combinatorial Set Theory . . . . . . . . . . . . . . . . . . . . . . . . . . 573
Ramsey Theory. Gaps in ωω. The Open Coloring Axiom. Almost Disjoint
Subsets of ω1. Functions from ω1 into ω. Exercises. Historical Notes.

30. Complete Boolean Algebras . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 585
Measure Algebras. Cohen Algebras. Suslin Algebras. Simple Algebras. Infinite
Games on Boolean Algebras. Exercises. Historical Notes.

31. Proper Forcing . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 601
Definition and Examples. Iteration of Proper Forcing. The Proper Forcing
Axiom. Applications of PFA. Exercises. Historical Notes.

32. More Descriptive Set Theory . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 615
Π1

1 Equivalence Relations. Σ1
1 Equivalence Relations. Constructible Reals

and Perfect Sets. Projective Sets and Large Cardinals. Universally Baire sets.
Exercises. Historical Notes.

33. Determinacy . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 627
Determinacy and Choice. Some Consequences of AD. AD and Large Cardinals.
Projective Determinacy. Consistency of AD. Exercises. Historical Notes.

34. Supercompact Cardinals and the Real Line . . . . . . . . . . . . . . . 647
Woodin Cardinals. Semiproper Forcing. The Model L(R). Stationary Tower
Forcing. Weakly Homogeneous Trees. Exercises. Historical Notes.

35. Inner Models for Large Cardinals . . . . . . . . . . . . . . . . . . . . . . . . . 659
The Core Model. The Covering Theorem for K. The Covering Theorem
for L[U ]. The Core Model for Sequences of Measures. Up to a Strong Cardinal.
Inner Models for Woodin Cardinals. Exercises. Historical Notes.



Table of Contents XIII

36. Forcing and Large Cardinals . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 669
Violating GCH at a Measurable Cardinal. The Singular Cardinal Problem.
Violating SCH at ℵω. Radin Forcing. Stationary Tower Forcing. Exercises.
Historical Notes.

37. Martin’s Maximum . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 681
RCS iteration of semiproper forcing. Consistency of MM. Applications of MM.
Reflection Principles. Forcing Axioms. Exercises. Historical Notes.

38. More on Stationary Sets . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 695
The Nonstationary Ideal on ℵ1. Saturation and Precipitousness. Reflection.
Stationary Sets in Pκ(λ). Mutually Stationary Sets. Weak Squares. Exercises.
Historical Notes.

Bibliography . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 707

Notation . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 733

Name Index . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 743

Index . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 749


